Let M be a faithful multiplication and comultiplication module over a commutative ring R. In this paper we investigate some results on such modules.
Introduction
Throughout this work, R denotes a commutative ring with identity and M denotes a unital R-module. We investigate here the question of those conditions under which a factor module M/N of an R-module M is comultiplication module as R-module and also as R/I-module for some ideal I of R, and some properties of comultiplication submodules, [ 
Preliminary Notes

Remark 2.3. Let M be a faithful multiplication R-module and IM = JM for some ideals I and J of R, then
The converse is clearly true. Moreover, if N be copure, then [N :
In particular, if M be a semisimple R-module, then there exists 
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